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1 Aim of the Study

A large experimental literature on choices between two reduced (or simple) lotteries has doc-
umented two robust facts: First, if both lotteries are symmetric, then subjects are typically risk
averse; that is, with symmetric risks a large majority of subjects chooses the option with less
variance in outcomes (e.g., Kahneman and Tversky, 1979). Second, if at least one of the lotteries
is skewed,1 subjects often reveal a preference for positively skewed or right-skewed risks, which
can even result in risk-seeking behavior; that is, a largemajority of subjects chooses a sufficiently
right-skewed risk even if it is the option with more variance in outcomes (e.g., Kahneman and
Tversky, 1979; Dertwinkel-Kalt and Köster, forthcoming).

In this study, we ask how robust the observed patterns in these simple choices are to increas-
ing the complexity of the problem along two dimensions: we increase the number of available
options and/or replace the reduced lotteries by portfolios (i.e., convex combinations of reduced
lotteries), where the latter means that the final outcomes are not stated, but have to be inferred.
The experiment is designed to test the predictions of salience theory of choice under risk (Bordalo
et al., 2012) for such portfolio selection problems against those of naive decision rules like the
1/N -heuristic (e.g., Benartzi and Thaler, 2001; Eyster andWeizsäcker, 2016), which predict that
subjects diversify naively by investing equal shares into the available reduced lotteries.

2 An Application of Salience Theory to Portfolio Selection

Consider an agent who decides how much to invest in either of two non-negative random vari-
ables X1 and X2 (also called assets) with a joint cumulative distribution function F . The agent
thus forms a portfolioX(α) := αX1 + (1− α)X2, where any share α ∈ A ⊆ [0, 1] is admissable;
that is, the agent’s choice set is given by C := {X(α) : α ∈ A}. We study portfolio selection
problems of a varying complexity, as captured by (1) the cardinality of C, ranging from binary
to continuous choice sets, and (2) the difficulty of determining the distribution of outcomes.
∗Frankfurt School of Finance & Management, Adickesallee 32-34, 60332 Frankfurt, Germany. Email:
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1A lottery’s skewness is typically measured by its third standardized central moment. A lottery is

symmetric/right-skewed/left-skewed if its third standardized central moment is equal to/larger/smaller than zero.
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We assume that the agent is a salient thinker, as introduced in Bordalo et al. (2012), who
evaluates any given portfolio, X(α), relative to the reference portfolio

X(α) :=

∫
A\{α}

X(β) dGα(β), (1)

where Gα(·) is the cumulative distribution function of the uniform distribution over the aug-
mented choice set Cα := {X(β) : β ∈ A, β 6= α}. For any binary choice set C = {X(α), X(β)},
the reference portfolio to X(α) is thus given by the alternative option X(β) and vice versa.

According to salience theory of choice under risk (Bordalo et al., 2012), a decision-maker
evaluates a portfolio by assigning a subjective probability to each state of the world that de-
pends on the state’s objective probability, as given by F , and on how salient this state is for this
particular portfolio (relative to the reference portfolio). Precisely, a state of theworld is given by
a realization (x1, x2) ∈ R2

+ of the assets’ joint distribution, which corresponds, for given share
α ∈ A, to a tuple (x(α), x(α))—where the reference point x(α) is defined as in Eq. (1)—that
then determines how salient this particular state is for this particular portfolio. More generally,
the salience of any tuple (x, y) ∈ R2

+ is determined by a so-called salience function σ : R2
+ → R+,

as defined below, and a tuple (x, y) ∈ R2
+ is said to be the more salient the larger σ(x, y) is.

Definition 1 (Salience Function). We say that a symmetric, bounded, and absolutely continuous func-
tion σ : R2

+ → R+ is a salience function if and only if it satisfies the following two properties:

1. Ordering. Let x ≥ y. Then, for any ε, ε′ ≥ 0 with ε+ ε′ > 0,

σ(x+ ε, y − ε′) > σ(x, y).

2. Diminishing sensitivity. Let x, y ≥ 0 with x 6= y. Then, for any ε > 0,

σ(x+ ε, y + ε) < σ(x, y).

For certain setups, we have to impose more structure on the salience function (i.e., homo-
geneity of degree zero) to derive clear-cut predictions, as assumed by Bordalo et al. (2013, 2016).
We will indicate explicitly any results that rely on this additional assumption:

Assumption 1 (Homogeneity of Degree Zero). For any x, y ≥ 0 and λ > 0, σ(x, y) = σ(λx, λy).

We use the continuous variant of salience theory proposed by Dertwinkel-Kalt and Köster
(forthcoming). A salient thinker evaluates outcomes via a linear value function, u(x) = x, and
chooses from the choice set C as tomaximize her the salience-weighted utility defined as follows.

Definition 2 (Salience-Weighted Utility). Fix a choice set C and let x(α) be defined as in Eq. (1).
The salience-weighted utility of a portfolio X(α) evaluated in the choice set C equals

U s(X(α)|C) =
∫
R2
+

(αx1 + (1− α)x2) ·
σ(αx1 + (1− α)x2, x(α))∫

R2
+
σ(αy1 + (1− α)y2, y(α)) dF (y1, y2)

dF (x1, x2),

where σ : R2
+ → R+ is a salience function that is bounded away from zero.
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3 Theoretical Analysis of Portfolio Selection Problems

3.1 Setup and Definitions

We assume that the two assetsX1 andX2 are binary lotteries, which are uniquely characterized
by their first three moments: expected value, variance, and skewness (see Ebert, 2015).

Lemma 1 (Ebert’s Moment Characterization of Binary Risks). For constants E ∈ R, V ∈ R+ and
S ∈ R, there exists exactly one binary lottery L = (x1, p;x2, 1− p) with x2 > x1 such that E[L] = E,
V ar(L) = V and S(L) = S. Its parameters are given by

x1 = E −

√
V (1− p)

p
, x2 = E +

√
V p

1− p
, and p = 1

2
+

S

2
√
4 + S2

. (2)

We denote the binary lottery with expected value E, variance V , and skewness S as L(E, V, S).

To identify the effect of skewness on behavior, we use a certain class of binary lotteries that
was introduced by Mao (1970) and later formalized by Ebert and Wiesen (2011, Definition 2).

Definition 3. Let S ∈ R+. The random variables L(E, V, S) and L(E, V,−S) denote aMao pair.

The two lotteries of a Mao pair have the exact same expected value and variance, but the
opposite skewness. The joint distribution of two lotteries that form a Mao pair can be fully
parameterized by their correlation coefficient

ρ = ρ
(
L(E, V,−S), L(E, V, S)

)
∈ [−1, ρ(S)] with ρ(S) :=

√
4 + S2 − S√
4 + S2 + S

.

Let p = p(−S) ∈ (0, 12) be the probability of the left-skewed lottery’s smaller payoff, which is, by
construction, identical to the probability of the right-skewed lottery’s larger payoff. For a given
correlation coefficient ρ, Table 1 depicts the joint distribution of a Mao pair:

(1− p)p(1 + ρ) p2 − (1− p)pρ (1− p)2 − (1− p)pρ (1− p)p(1 + ρ)

L(E, V,−S) E −
√

V (1−p)
p E −

√
V (1−p)

p E +
√

V p
(1−p) E +

√
V p

(1−p)

L(E, V, S) E −
√

V p
(1−p) E +

√
V (1−p)

p E −
√

V p
(1−p) E +

√
V (1−p)

p

Table 1: Joint distribution of the lotteries of a Mao pair.

We will test the predictions of salience theory relative to the benchmarks of choosing a di-
versified portfolio in the sense of Markowitz (1952) or a naively diversified portfolio, as it would
be predicted by naive decision rules such as the 1/N -heuristic (e.g., Benartzi and Thaler, 2001).

Definition 4 (Diversification). We say that a portfolio X(α) is diversified if and only if there does
not exist any other portfolio X(α′) with E[X(α′)] ≥ E[X(α)] and V ar(X(α′)) < V ar(X(α)). Any
portfolio X(α) that is not diversified is said to be under-diversified.

Definition 5 (Naive Diversification). A portfolio X(α) is naively diversified if and only α = 1
2 .
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3.2 Portfolio Selection with Skewed Assets

Binary choice sets. In this section, we will rely on assets that form a Mao pair, because the
resulting portfolios have nice properties, summarized in the following lemma. In particular,
irrespective of the correlation structure, the diversified portfolio coincides with the naively di-
versified portfolio, so that here under-diversification cannot be explained by the 1/N -heuristic.

Lemma 2. Let X1 = L(E, V, S) and X2 = L(E, V,−S). Then, the variance of the portfolio X(α)

increases in the distance |α− 1
2 | and is therefore minimized at α = 1

2 .
If, in addition, the assets are perfectly negatively correlated, then the following two statements hold:

(a) For any α ∈ [0, 1], we have X(α) = L(E, (2α− 1)2V, sgn(2α− 1)S).

(b) For any α 6= 1
2 , the portfolios X(α) and X(1− α) constitute a Mao pair.

We analyze a salient thinker’s binary choice between the diversified portfolio, X(12), and
some under-diversified portfolio, X(α) with α 6= 1

2 , under different correlation structures.

Proposition 1. Let A = {α, 12} with α 6=
1
2 . Under the perfectly negative correlation, a salient thinker

chooses X(α) over X(12) only if α > 1
2 holds; i.e., only if the under-diversified portfolio is right-skewed.

For any α > 1
2 , there exists some Ŝ ∈ R, such that for any S > Ŝ, she chooses X(α) over X(12).

Under the perfectly negative correlation, the diversified portfolio eliminates all the vari-
ance in outcomes and pays the portfolio’s expected value with certainty. As a consequence, by
Lemma 2 (a), the problem boils down to the question whether a salient thinker chooses the
non-negative binary lottery L(E, (2α−1)2V, sgn(2α−1)S) over its expected value or not. Here,
diminishing sensitivity implies that a salient thinker will never choose a left-skewed portfolio
with α < 1

2 (see Dertwinkel-Kalt and Köster, forthcoming, Corollary 1). If the Mao pair is
sufficiently skewed, however, a salient thinker chooses a right-skewed, but under-diversified
portfolio with α > 1

2 (see Proposition 3 in Dertwinkel-Kalt and Köster, forthcoming). To derive
predictions for other correlation structures, in particular, for the case of the maximal positive
correlation, we need to impose more structure on the salience function (e.g., Assumption 1).

Assuming homogeneity of degree zero pins down the trade-off between ordering and di-
minishing sensitivity; in particular, it imposes that the latter is sizeable. As a consequence,
under the perfectly negative correlation, a salient thinker does not choose certain right-skewed
portfolios over the diversified one. Under the maximal positive correlation, we observe that
for sufficiently skewedMao pairs a salient thinker chooses an under-diversified portfolio if and
only if it is right-skewed, while for sufficiently symmetric Mao pairs the opposite is true.

Corollary 1. Let A = {α, 12} with α 6=
1
2 and p = p(−S) as in Lemma 2. Suppose Assumption 1 hold.

(a) Under the perfectly negative correlation, a salient thinker chooses X(α) over X(12) if and only if

α ∈
(
1

2
,
1

2
+

ES√
4V

)
.

In particular, if S ≥
√
V /E, a salient thinker chooses X(α) over X(12) if and only if α >

1
2 .
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(b) Under the maximal positive correlation, a salient thinker chooses X(α) over X(12) for any

α ∈
[
E√
V

√
1− p
p

(
1− 4p

2− 4p

)
+

1− p
1− 2p

,
1

2

)
∪
(
1

2
,
E√
V

√
1− p
p

(
1− 4p

2− 4p

)
− p

1− 2p

]
,

but she chooses X(12) over X(α) for any

α ≤ min

{
1

2
,
E√
V

√
1− p
p

(
1− 4p

2− 4p

)
− p

1− 2p

}
and α ≥ max

{
1

2
,
E√
V

√
1− p
p

(
1− 4p

2− 4p

)
+

1− p
1− 2p

}
.

In particular, if 2S−
√
S2 + 4 ≤ −2

√
V /E, then a salient thinker choosesX(α) overX(12) if and

only if α < 1
2 . If 2S −

√
S2 + 4 ≥ 2

√
V /E, she chooses X(α) over X(12) if and only if α >

1
2 .

The predictions derived in Corollary 1 are illustrated in Figure 1. The case of the perfectly
negative correlation (i.e., Part (a) of Corollary 1) is depicted in the left panel, while the case of
the maximal positive correlation (i.e., Part (b) of Corollary 1) is depicted in the right panel.

Figure 1: Illustration of Corollary 1.

Continuous choice sets. Next, we increase the complexity of the portfolio selection problem
by studying the choice from a continuous set of options. The assets still constitute a Mao pair.

Proposition 2. Let A = [0, 1]. Under the perfectly negative correlation, a salient thinker selects a
portfolio with α ≥ 1

2 . Moreover, if a salient thinker selects, for a fixed expected value E and variance V ,
a portfolio with α > 1

2 for some skewness level S′, then she does so for any skewness level S > S′.

This result again follows from the fact that a salient thinker exhibits a preference for right-
and an aversion toward left-skewed binary risks, and it extends Proposition 1 to the domain
of continuous choice sets. As before, if we impose more structure on the salience function by
assuming homogeneity of degree zero, we obtain a more precise prediction.

Corollary 2. Let A = [0, 1] and suppose that Assumption 1 holds. Under the perfectly negative corre-
lation, a salient thinker selects an under-diversified portfolio with

α ∈
(
1

2
,
1

2
+

ES√
4V

)
It is important to notice that a salient thinker does not simply trade-off the skewness of port-

folio returns against the variance in portfolio returns, as it is typically assumed in the empirical
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finance literature (e.g., Mitton and Vorkink, 2007). Under the perfectly negative correlation,
the portfolio’s variance monotonically increases in α on (12 , 1], but the portfolio’s skewness is
independent of α (see Lemma 2). Since α = 1

2 is a feasible choice, but not optimal according
to salience theory, a salient thinker does not minimize the variance in portfolio returns for a
given level of skewness. In other words, the positive skewness that is associated with choosing
a portfolio with α > 1

2 renders (some) variance attractive to a salient thinker. Thus, our salience
model makes predictions that are qualitatively different from those of the models that typically
used to (poorly) explain skewness preferences in portfolio selection.

Finally, we consider the case of the maximal positive correlation, where we have to impose
Assumption 1 in order to predict a salient thinker’s behavior. As it is illustrated in Figure 2, a
salient thinker never selects a left-skewed portfolio for sufficiently skewedMao pairs, while she
never selects a right-skewed portfolio for sufficiently symmetric Mao pairs.

Proposition 3. Let A = [0, 1] and suppose that Assumption 1 holds. Under the maximal positive
correlation, there exist threshold values S = S(E, V ) and S = S(E, V ) with 0 < S < S such that a
salient thinker selects a portfolio with

α ∈


[0, 12 ] if S < S,

{12} if S ≤ S ≤ S,

[12 , 1] if S > S.

The threshold values S and S are implicitly defined by the unique solutions to

2
√
S2 + 4− 4S√

S2 + 4 · (
√
S2 + 4− S)

= ±
√
V

E

on the intervals (23
√
3,∞) and (0, 23

√
3), respectively, and can be solved for numerically.

Figure 2: Illustration of Proposition 3.
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3.3 Portfolio Selection with Symmetric Assets

The portfolio selection problems analyzed in this section are a generalization of the experimen-
tal design by Eyster and Weizsäcker (2016). In contrast to the previous section, we consider
portfolios consisting of symmetric assets, and we start with the case of a continuous choice set
(as in Eyster and Weizsäcker, 2016) before moving on to binary choice sets. The latter allows
us to distinguish between salience theory and naive decision rules such as the 1/N -heuristic.

Continuous choice sets. To guide our theoretical analysis, we propose a generalization of the
paired portfolio selection problems (or twin problems) used in Eyster and Weizsäcker (2016)
that captures the qualitative features of the numerical examples they used.2

Definition 6 (Generalized Twin Problem). Let γ ∈ [0, E√
V
] and consider the assetsX1 andX2 with

Asset / Prob. 1
2

1
2

X1 E +
√
V E −

√
V

X2 E − γ
√
V E + γ

√
V

A generalized twin problem then consists of the following two investment decisions,

(P.1) γ = 1 and A = [0, 1] & (P.2) γ ∈
[
0,

E√
V

]
and A =

[
max

{
0,
γ − 1

γ + 1

}
, 1

]
,

where the choice set is given by C = {X(α) : α ∈ A} in each of the problems.

As the set of attainable portfolios is identical in both problems, any consequentialist theory
of choice under risk (e.g., expected utility theory) predicts that, in a generalized twin problem,
subjects choose the same portfolio in (P.1) and (P.2)—which requires the subject to adjust the
composition of her portfolio in the second problem. The 1/N -heuristic, in contrast, predicts
naive diversification in both, (P.1) and (P.2), which implies different portfolios in the two prob-
lems. Also a salient thinker does not necessarily choose the same portfolio in both problems:
while she always chooses the diversified portfolio in (P.1), this is not true in general for (P.2).

Proposition 4. Consider a generalized twin problem. In (P.1) a salient thinker always chooses the
diversified portfolio with α = 1

2 , while in (P.2) she chooses a potentially under-diversified portfolio with

α ∈



{0, 12} if γ = 0,

(0, γ
1+γ ) if 0 < γ < 1

3 ,

(3γ−12γ+2 ,
γ

1+γ ) if 1
3 ≤ γ < 1,

{ γ
1+γ } otherwise.

2To be precise, Eyster and Weizsäcker (2016) implement joint distributions with four states of the world, and
they have eight pairs of portfolio selection tasks where only six of these pairs are covered by our definition.
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A salient thinker’s behavior in a generalized twin problem is determined by diminishing
sensitivity. Consider (P.1) and let α > 1

2 . This portfolio’s downside in state (E−
√
V (2α−1), E)

is more salient than its upside in state (E +
√
V (2α − 1), E) due to diminishing sensitivity. By

symmetry, also forα < 1
2 the portfolio’s downside is salient. Since the reference portfolio, which

is given by α = 1
2 , has neither a salient downside nor a salient upside it will be chosen. Next,

consider (P.2) and, for the sake of the argument, suppose that γ = 0 holds, inwhich case the two
states are (E+α

√
V ,E+ 1

2

√
V ) and (E−α

√
V ,E− 1

2

√
V ). Again, wheneverα 6= 1

2 , the portfolio’s
downside is salient due to diminishing sensitivity. Hence, the salient thinker chooses either the
reference portfolio with α = 1

2 or she chooses the diversified portfolio with α = 0, thereby
avoiding any variation in outcomes. By similar arguments, diminishing sensitivity implies that
for any γ ∈ (0, 1) there exist portfolios—different from the reference portfolio—with a salient
upside, while for any γ ≥ 1 only a portfolio’s downside can be salient, which then implies that
only the reference portfolio is attractive to a salient thinker.

Binary choice sets. To distinguish between salience theory and naive decision rules such as
the 1/N -heuristic, we consider a binary version of the generalized twin problems.

Definition 7 (Binary Twin Problem). Let γ ∈ [0, 3]. Consider the assets X1 and X2 with the joint
distribution as in Definition 4. The binary twin problem then consists of the two investment decisions,

(P.1) γ = 1 and A =

{
3− γ̃
4

,
1

2

}
& (P.2) γ = γ̃ 6= 1 and A =

{
1

2
,

γ̃

1 + γ̃

}
,

where the choice set is given by C = {X(α) : α ∈ A} in each of the problems.

In any binary twin problem, we adjust the set of admissable investments inX1 in a way that
(1) the set of resulting portfolios is exactly the same in (P.1) and (P.2), and (2) the agent can
naively diversify in both problems. More specifally, we always offer the diversified portfolio
given by α = γ

1+γ and the naively diversified portfolio given by α = 1
2 .

Since the choice set is binary and identical in both (P.1) and (P.2), also the reference portfolio
and a salient thinker’s preferences over the available portfolios coincide. Hence, a salient thinker
chooses the exact same portfolio in (P.1) and in (P.2). Diminishing sensitivity further implies
that, in a binary twin problem, a salient thinker selects the diversifiedportfolio in both problems.

Proposition 5. In any binary twin problem, a salient thinker diversifies in both, (P.1) and (P.2).

4 An Experiment on Portfolio Selection

4.1 Design and Sample Size

We plan to test for the salience predictions on portfolio selection with skewed and symmetric
assets in an incentivized lab experiment. We use a between-subjects design with multiple de-
cisions per subject, where in the treatment Skewed subjects make decisions that involve skewed
assets (as illustrated in Table 2) and in the treatment Symmetric subjects make decisions that
involve symmetric assets (as illustrated in Table 3).
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Left-skewed Lottery Right-skewed Lottery E V E/
√
V S A

(120, 90%; 0, 10%) (96, 90%; 216, 10%) 108 1296 3 2.7 {α, 0.50} or [0, 1]
(135, 64%; 60, 36%) (81, 64%; 156, 36%) 108 1296 3 0.6 {α, 0.50} or [0, 1]
( 40, 90%; 0, 10%) (32, 90%; 72, 10%) 36 144 3 2.7 {α, 0.50} or [0, 1]
( 45, 64%; 20, 36%) (27, 64%; 52, 36%) 36 144 3 0.6 {α, 0.50} or [0, 1]
( 80, 90%; 0, 10%) (64, 90%; 144, 10%) 72 576 3 2.7 {α, 0.50} or [0, 1]
( 90, 64%; 40, 36%) (54, 64%; 104, 36%) 72 576 3 0.6 {α, 0.50} or [0, 1]

Table 2: Mao pairs used in the treatment with skewed assets, whereby α ∈ {0.10, 0.25, 0.75, 0.90}
is randomized at the subject-Mao-pair level. Each Mao pair is implemented under both, the perfectly
negative and the maximal positive correlation.

Each treatment consists of three (main) blocks: (1) subjectsmake 12 choices between exactly
two portfolios, (2) subjects make 12 choices from a continuous set of portfolios, and (3) subjects
make the exact same choices as in the first block, with the one exception that the portfolios are
presented as reduced lotteries.3 We randomize the order of blocks as well as the order of tasks
within each block at the subject level. At the beginning of Block 1 and Block 2, subjects have to
answer control questions to check for comprehension of the tasks. After the last decision of the
last block (which could be either Block 1 or Block 2 or Block 3), subjects have to do a suprise
memory task, in which they have to recall the joint distribution of the assets presented on the
preceding screen. Subsequently, subjects have to answer financial literacy and modified CRT
questions, and they have to solve math problems that are similar to computing the outcomes of
a portfolio. Finally, we ask for demographics (incl. age, gender, field of study).

X1 X2 in (P.2) E V γ̃ A in (P.1) A in (P.2)
( 96; 48) (72; 72) 72 576 0 {0.75, 0.50} or [0, 1] {0.50, 0} or [0, 1]

( 79; 51) (65; 65) 65 196 0 {0.75, 0.50} or [0, 1] {0.50, 0} or [0, 1]

(120; 48) (72; 96) 84 1296 0.33 {0.67, 0.50} or [0, 1] {0.50, 0.25} or [0, 1]

( 82; 58) (66; 74) 70 144 0.33 {0.67, 0.50} or [0, 1] {0.50, 0.25} or [0, 1]

(128; 72) (16; 184) 100 784 3 {0.50, 0} or [0, 1] {0.75, 0.50} or [0.5, 1]
( 71; 49) (27; 93) 60 121 3 {0.50, 0} or [0, 1] {0.75, 0.50} or [0.5, 1]

Table 3: Twin problems used in the treatment with symmetric assets, where (x; y) := (x, 50%; y, 50%).

During the experiment the outcomes of the assets are presented in units of an experimental
currency (ECU). At the end of the experiment, one of the 36 decisions in Skewed or 30 decisions
in Symmetric, respectively, will be randomly drawn by the computer to be payoff-relevant. The
outcome of the payoff-relevant choice will be also determined by a computer. In addition, sub-
jects will be rewarded for their performance in thememory task (1 ECU per correctly remember
outcome) aswell as for correct answers to the control, financial literacy, modifiedCRT, andmath

3Since the twin problems are constructed in a way that the portfolios are identical in (P.1) and (P.2), the third
block includes only 6 decisions in the treatment with symmetric risks. Notice that, when computing the reduced
lotteries that correspond to the portfolios presented in the Block 1, we round all outcomes on full numbers.
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questions (1 ECU per correctly answered question). Experimental earnings will be converted
at a ratio of 4 ECU : 1 Euro. Additionally the subjects receive a show-up fee of 4 Euro.

We plan to conduct 10 sessions with a total number of n = 300 subjects (150 subjects in the
treatment Skewed and 150 subjects in the treatment Symmetric). The sessions will take place
in January and February 2020 at the experimental laboratory of the University of Cologne.

4.2 Salience Predictions

In this section, we translate our general theoretical results into specific predictions given the
parameters that we use in the experiment. In addition, we assume that a subject implements
her intended choice—as predicted by our model—with some noise: with probability ε < 1

2 , a
subject trembles and does not take the option thatmaximizes her utility. Specifically, we assume
that subjects maximize the salience-weighted utility subject to this implementation noise.

Portfolio selection with skewed assets. Suppose that the two assets correspond to one of the
Mao pairs in Table 2. To begin with, we consider the binary choice between the diversified and
some under-diversified portfolio. Proposition 1 yields our first prediction.

Prediction 1 (Binary, General). Let the two assets be perfectly negatively correlated.

(a) If the under-diversified portfolio is left-skewed, a majority of subjects chooses the diversified one.

(b) Weakly more subjects choose a right-skewed portfolio for S = 2.7 than for S = 0.6.

If we impose Assumption 1, we obtain a stronger prediction, which will allow us to test this
additional assumption. In sum, Assumption 1 implies that the selected portfolios vary with the
correlation structure for S = 0.6, but not for S = 2.7. Since all Mao pairs in Table 2 have the
same ratio E/

√
V , the salience predictions are identical across these Mao pairs.

Prediction 2 (Binary, Homogeneity of Degree Zero). Suppose that Assumption 1 holds.

(a) If S = 0.6, then, under the perfectly negative (maximal positive) correlation, a majority of subjects
chooses the more (less) skewed portfolio, i.e., a majority of subjects chooses the under-diversified
portfolio if and only if it is right-skewed (left-skewed).

(b) If S = 2.7, then a majority of subjects chooses the more skewed portfolio, i.e., a majority of subjects
chooses the under-diversified portfolio if and only if it is right-skewed.

(c) The share of subjects choosing the more skewed portfolio is larger under the perfectly negative than
under the maximal positive correlation if and only if S = 0.6.

Under the perfectly negative correlation, our model also predicts the choice from a continu-
ous set of portfolios consisting of the exact sameMao pairs as before. If the assets aremaximally
positively correlated, however, the salience model does not make a prediction.

Prediction 3 (Continuous, General). Let the assets be perfectly negatively correlated.

(a) A majority of subjects chooses either the diversified or a right-skewed, under-diversified portfolio.

(b) Weakly more subjects choose a right-skewed portfolio for S = 2.7 than for S = 0.6.
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Portfolio selection with symmetric assets. Suppose that the assets constitute a (binary) twin
problem, as introduced in the previous section. First, we consider only binary twin problems.
Proposition 5 together with our assumption on noise yields the following prediction.

Prediction 4 (Twin, Binary).

(a) In both, (P.1) and (P.2), a majority of subjects chooses the diversified portfolio.

(b) The share of subjects choosing the diversified portfolio is the same in (P.1) and in (P.2).

Second, we consider only the generalized twin problems (with a continuous choice set).
Proposition 4 together with our assumption on noise yields the following prediction.

Prediction 5 (Twin, Continuous).

(a) In (P.1), a majority of subjects chooses the diversified portfolio.

(b) In (P.2), a majority of subjects chooses a portfolio with α ∈ {0, 12} if γ = 0, α ∈ (0, 14) if γ = 1
3 ,

or α = 3
4 if γ = 3, where α denotes the investment into the asset that is available also in (P.1).

Additional predictions. Our salience model builds on the assumption that subjects perfectly
integrate the two assets (i.e., they perfectly take the distribution of final payoffs into account).
This results in the following prediction, which applies to both treatments

Prediction 6 (Binary, Reduced). The share of subjects choosing a given reduced lottery in the binary
choice task (Block 3) is the same as the share of subjects choosing the portfolio with the exact same distri-
bution over final payoffs in the binary portfolio selection task (Block 1).

Finally, we want to understand how skewness shapes the perception and eventually the
memory of outcomes. One could hypothesize that the extreme outcomes of less symmetric
lotteries aremore salient and thereforemore precisely remembered. This could be interpreted as
subjects being themore likely to think about the final outcomes of a portfolio the less symmetric
the underlying lotteries are. Since these considerations are outside of our salience model, we
view this part of the experiment as exploratory.

4.3 Statistical Analysis

In this section, we describe the statistical methods that we will use to test for our predictions.
Since each subject makes multiple decisions in the experiment, we will estimate simple OLS
regressions, which allow us to properly cluster the standard errors at the subject level. Let
ISkew and ISym be the sets of subjects in the treatments Skewed and Symmetric, respectively.

Test of Prediction 1: We construct a binary indicatorDi,k that takes a value of one if a subject
i ∈ ISkew has chosen the diversified portfolio in decision k ∈ {1, . . . , 12} of Block 1 and a value
of zero otherwise. We use only the subsample of choices in which a subject faces a negatively
correlated Mao pair. To test for Part (a), we consider for each subject the subsample of choices
that include a left-skewed portfolio. On this subsample, we regress Di,k − 1

2 on a constant. If
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the constant is not significantly larger than zero, we reject our hypothesis. To test for Part (b),
we construct a binary indicator Skewedi,k that takes a value of one if subject i ∈ ISkew faces
in decision k ∈ {1, . . . , 12} a Mao pair with S = 2.7 and a value of zero otherwise. Then, we
regress Di,k on Skewedi,k. If the coefficient on Skewed is positive and statistically significant,
we reject our hypothesis.

Test of Prediction 2: We construct a binary indicator Mi,k that takes a value of one if a sub-
ject i ∈ ISkew has chosen the more skewed portfolio in decision k ∈ {1, . . . , 12} of Block 1
and a value of zero otherwise. To test for Part (a), we use only the subsample of choices with
Skewedi,k = 0. Here, we regressMi,k− 1

2 on a constant, separately for the subsamples of choices
with the perfectly negative and the maximal positive correlation. We reject our hypothesis if ei-
ther the constant for the perfectly negative (maximal positive) correlation is not significantly
larger (smaller) than zero. To test for Part (b), we use only the subsample of choices with
Skewedi,k = 1, and we regressMi,k − 1

2 on a constant, separately for the subsamples of choices
with the perfectly negative and the maximal positive correlation. We reject our hypothesis if
not both constants are significantly larger than zero. Finally, to test for Part (c), we introduce
a binary indicator Negativei,k which takes a value of one if subject i ∈ ISkew faces a negatively
correlated Mao pair in decision k ∈ {1, . . . , 12} and a value of zero otherwise. Then, we regress
Mi,k on Negativei,k, separately for the subsample with Skewedi,k = 1 and the subsample with
Skewedi,k = 0. We reject our hypothesis if we estimate a statistically significant coefficient for
the subsample with Skewedi,k = 1 or if the coefficient is either insignificantly different from
zero or negative for the subsample with Skewedi,k = 0.

Test of Prediction 3: We construct a binary indicatorWRi,k that takes a value of one if a subject
i ∈ ISkew has chosen either the diversified or a right-skewed portfolio in decision k ∈ {1, . . . , 12}
of Block 2 and a value of zero otherwise. Weuse only the subsample of choices inwhich a subject
faces a negatively correlated Mao pair. To test for Part (a), we regressWRi,k − 1

2 on a constant.
We reject our hypothesis if the constant is either negative or positive but not statistically signif-
icant. To test for Part (b), we introduce the binary indicator Ri,k that takes a value of one if a
subject i ∈ ISkew has chosen a right-skewed portfolio in decision k ∈ {1, . . . , 12} of Block 2 and
a value of zero otherwise. Then, we regress Ri,k on Skewedi,k. If the coefficient on Skewed is
negative and significant, we reject our hypothesis.

Test of Prediction 4: We construct a binary indicatorDTi,k that takes a value of one if a subject
i ∈ ISym has chosen the diversified portfolio in decision k ∈ {1, . . . , 12} of Block 1 and a value
of zero otherwise. In addition, we construct a binary indicator P1i,k that takes a value of one if
a subject i ∈ ISym faces the problem (P.1) of a given twin problem in decision k ∈ {1, . . . , 12} of
Block 1 and a value of zero otherwise. To test for Part (a), we regress DTi,k − 1

2 on a constant,
separately for the subsample with P1i,k = 1 and the subsample with P1i,k = 0. We reject our
hypothesis if one of these constants is not significantly positive. To test for Part (b), we regress
DTi,k on P1i,k. If the coefficient on P1i,k is significant, we reject our hypothesis.

Test of Prediction 5: We construct a binary indicator DTCi,k that takes a value of one if a
subject i ∈ ISym has chosen the diversified portfolio in decision k ∈ {1, . . . , 12} of Block 2 and
a value of zero otherwise. To test for Part (a), we regress DTCi,k − 1

2 on a constant. We reject
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our hypothesis unless the constant is positive and statistically significant. To test for Part (b),
we contruct a binary indicator SCi,k that takes a value of one if a subject i ∈ ISym has chosen
a portfolio consistent with salience theory in decision k ∈ {1, . . . , 12} of Block 2 and a value of
zero otherwise. We then regress SCi,k − 1

2 on a constant, and we reject our hypothesis if the
constant not significantly larger than zero.

Test of Prediction 6: To save on notation, we describe the test only for the treatment with
skewed assets. Here, we construct a binary indicatorDRi,k that takes a value of one if a subject
i ∈ ISkew has chosen the reduced lottery with a lower variance in decision k ∈ {1, . . . , 12} of
Block 3 and a value of zero otherwise. Let D̃Ri,k be a permutation of the vector DRi,k sorted
as follows: The first and the second entry correspond to the Mao pair with the lowest expected
value and S = 0.6 under the perfectly negative correlation and themaximal positive correlation,
respectively. The third and the fourth entry correspond to theMao pairwith the lowest expected
value and S = 2.7 under the perfectly negative correlation and themaximal positive correlation,
respectively. The fifth and the sixth entry correspond to the Mao pair with the second-lowest
expected value and S = 0.6 under the perfectly negative correlation and the maximal positive
correlation, respectively, etc. In addition, let D̃i,k be a permutation of the vector Di,k sorted in
the same way. Then, we regress D̃Ri,k − D̃i,k on a constant, and we reject our hypothesis if the
constant is statistically significant.
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Appendix A: Proofs

A.1: Preliminary Results

Lemma 3. In the generalized twin problem, (P.1) and (P.2) implement the exact same set of portfolios,
and the diversified portfolio satisfies α = 1

2 in (P.1) and α = γ
1+γ in (P.2).

Proof. Denote the investment in X1 as α1 in (P.1) and as α2 in (P.2), respectively.
In a first step, we show that (P.1) and (P.2) indeed implement the same set of portfolios. Notice

that in (P.1), for any x ∈ [0, 12 ], the investments α1 =
1
2 − x and α1 =

1
2 + x implement the same

portfolio, and that, for any α1 ∈ [12 , 1], we can implement the same portfolio in (P.2) by setting

α2 =
γ + 2α1 − 1

γ + 1
.

This further implies that we have to restrict the choice set in (P.2) to be

A =

[
max

{
γ − 1

γ + 1
, 0

}
, 1

]
,

as otherwise (P.2) would offer larger set of attainable portfolios than (P.1).
In a second step, we show that the diversified portfolio satisfies α = γ

1+γ . SinceX1 andX2 have
the same expected value, we simply have to find the portfolio with the minimal variance:

V ar(αX1 + (1− α)X2) = α2V ar(X1) + (1− α)2V ar(X2) + 2α(1− α)Cov(X1, X2).

Since V ar(X1) = V , V ar(X2) =
1
2V (1 + γ2), and Cov(X1, X2) =

1
2V (1− γ), we have

V ar(αX1 + (1− α)X2) = V

(
α2 + (1− α)2 1

2
(1 + γ2) + α(1− α)(1− γ)

)
,

and therefore

∂

∂α
V ar(αX1 + (1− α)X2) = 2α− (1− α)(1 + γ2) + (1− α)(1− γ)− α(1− γ)

= −(1− α)γ(1 + γ) + α(1 + γ)

= α(1 + γ)2 − γ(1 + γ)

(3)

which is equal to zero if and only if α = γ
1+γ . The claim then follows from the fact that, by (3),

V ar(αX1 + (1− α)X2) is obviously convex in α.
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A.2: Portfolio Selection with Skewed Assets

Proof of Lemma 2. Let X1 = L(E, V, S) and X2 = L(E, V,−S). Then, we have

V ar(αX1 + (1− α)X2) = α2V + (1− α)2V + 2α(1− α)Cov(X1, X2)

= V − 2α(1− α)
(
V − Cov(X1, X2)

)
= V

[
1− 2α(1− α)

(
1− ρ(X1, X2)

)]
,

where the second equality follows from the definition of the correlation coefficient and fact that
X1 andX2 have the same variance. Since the correlation of lotteries of aMao pair cannot exceed
a certain threshold ρ < 1, it follows that the variance of the portfolio is minimized at α = 1

2 .
Moreover, for a fixed correlation, the variance is symmetric around α = 1

2 . The additional
statements regarding the perfectly negative correlation are straightforward to prove.

Proof of Proposition 1. Lemma 2 & Proposition 3 in Dertwinkel-Kalt and Köster (forthcoming).

Proof of Corollary 1. PART (a): By Proposition 1, we can restrict our attention to portfolios with
α > 1

2 . Under the perfectly negative correlation, the portfolioX(α) thus implements the binary
lottery L(E, (2α− 1)2V, S), while the alternative X(12) pays E with certainty. A salient thinker
thus choosesX(α) overX(12) if and only if the upside of L(E, (2α− 1)2V, S) is salient, which—
under Assumption 1—is indeed the case if and only if

x2(E, (2α− 1)2V, S)

E
>

E

x1(E, (2α− 1)2V, S)
,

or, equivalently,

α <
1

2
+

ES√
4V

.

PART (b): Let α < 1
2 . Suppose that the two assets are maximally positively correlated, in

which case the salient thinker chooses between the following two portfolios:

p 1− 2p p

X(α) E −
√
V [α(2p−1)+(1−p)]√

p(1−p)
E −

√
V p[2α−1]√
p(1−p)

E +
√
V [α(1−2p)+p]√

p(1−p)

X(12) E −
√
V

2
√
p(1−p)

E E +
√
V

2
√
p(1−p)

It is easy to check that a salient thinker prefers X(α) over X(12) if and only if

(1− 2α) ·K(α, p) > 0.
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where the second term is defined as follows

K(α, p) := σ

(
E−
√
V [α(2p− 1) + (1− p)]√

p(1− p)
, E −

√
V

2
√
p(1− p)

)
+ σ

(
E +

√
V [α(2p− 1) + (1− p)]√

p(1− p)
, E +

√
V

2
√
p(1− p)

)
− 2σ

(
E −

√
V p[2α− 1]√
p(1− p)

, E

)
.

By diminishing sensitivity, we have

σ

(
E −

√
V [α(2p− 1) + (1− p)]√

p(1− p)
,E −

√
V

2
√
p(1− p)

)
> σ

(
E +

√
V [α(2p− 1) + (1− p)]√

p(1− p)
, E +

√
V

2
√
p(1− p)

)
,

so that a sufficient condition forK(α, p) > 0 is given by

σ

(
E +

√
V [α(2p− 1) + (1− p)]√

p(1− p)
, E +

√
V

2
√
p(1− p)

)
≥ σ

(
E −

√
V p[2α− 1]√
p(1− p)

, E

)
.

By Assumption 1, the preceding inequality holds for α < 1
2 if and only if

E +
√
V [α(2p−1)+(1−p)]√

p(1−p)

E +
√
V

2
√
p(1−p)

≥
E −

√
V p[2α−1]√
p(1−p)

E
,

or, equivalently,

α ≥ E√
V

√
1− p
p

(
1− 4p

2− 4p

)
+

1− p
1− 2p

.

By the same arguments, a sufficient condition forK(α, p) < 0—and thus for a salient thinker to
choose X(12) over X(α) for α < 1

2—, is that

σ

(
E −

√
V p[2α− 1]√
p(1− p)

, E

)
≥ σ

(
E −

√
V [α(2p− 1) + (1− p)]√

p(1− p)
, E −

√
V

2
√
p(1− p)

)
.

By Assumption 1, the preceding inequality holds for α < 1
2 if and only if

E −
√
V p[2α−1]√
p(1−p)

E
≥

E −
√
V

2
√
p(1−p)

E −
√
V [α(2p−1)+(1−p)]√

p(1−p)

,

or, equivalently,

α ≤ E√
V

√
1− p
p

(
1− 4p

2− 4p

)
− p

1− 2p
.

The arguments for α > 1
2 are analoguous and therefore omitted.
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Proof of Proposition 2. Lemma 2 & Proposition 3 in Dertwinkel-Kalt and Köster (forthcoming).

Proof of Corollary 2. The proof goes along the same lines as that of Corollary 1 (a).

Proof of Proposition 3. The proof goes pretty much along the lines as that of Corollary 1 (b). We
therefore only sketch the differences here. For any portfolio α > 1

2 , there is only one upside
relative to the diversified portfolio, which is, by construction, valued at its expected value. If
this upside is least salient, then X(α) is valued below its expected value and is therefore less
attractive than the diversified portfolio. UnderAssumption 1, the upside is indeed least salient if
and only if S ≤ S. Analogously, for α < 1

2 , there is only one downside relative to the diversified
portfolio, but if this downside is most salient, then X(α) is valued less than its expected value.
Under Assumption 1, the downside is indeed most salient if and only if S ≥ S.

A.3: Portfolio Selection with Symmetric Assets

Proof of Proposition 4. It is sufficient to find portfolios that yield a salience-weighted utility that
(weakly) exceeds the expected value of E. Recall that, by construction, the reference portfolio
yields a salience-weighted utility of E. We subsequently analyze (P.1) and (P.2).

1. STEP: Consider (P.1). Here, we have U s(X(α)|C) ≥ E if and only if

(2α− 1)
[
σ(E +

√
V (2α− 1), E)− σ(E −

√
V (2α− 1), E)

]
≥ 0.

By diminishing sensitivity, we have

σ(E +
√
V (2α− 1), E) > σ(E −

√
V (2α− 1), E) ⇐⇒ 2α− 1 < 0,

which in turn implies that U s(X(α)|C) ≥ E if and only if α = 1
2 .

2. STEP: Consider (P.2). If γ < 1, then U s(X(α)|C) > E if and only if

(
α− (1− α)γ

)[
σ(E +

√
V (α− (1− α)γ), E +

1− γ
2

√
V )− σ(E −

√
V (α− (1− α)γ), E − 1− γ

2

√
V )

]
> 0,

or, equivalently,

α ∈
(
3γ − 1

2γ + 1
,

γ

1 + γ

)
.

If γ ≥ 1, then U s(X(α)|C) > E if and only if

[
α− (1− α)γ

][
σ(E +

√
V (α− (1− α)γ), E)− σ(E −

√
V (α− (1− α)γ), E)

]
> 0,

which cannot hold due to diminishing sensitivity. This implies that U s(X(α)|C) is maximized
for α = γ

1+γ , which was to be proven.

17



Proof of Proposition 5. Since the choice set is binary and identical in both problems, the decision
is exactly the same from a salient thinker’s perspective and she therefore chooses the same port-
folio in (P.1) and in (P.2). In other words, since the reference portfolio does not change across
the two problems, also a salient thinkers preferences over the two portfolios do not change.
Hence, it is sufficient to show that a salient thinker chooses the diversified portfolio in (P.1).

In (P.1), for γ̃ ∈ [0, 3], the salient thinker chooses between the following two portfolios:

Asset / Prob. 1
2

1
2

X(12) E E

X(3−γ̃4 ) E + 1
2

√
V (1− γ̃) E − 1

2

√
V (1− γ̃)

The salient thinker thus prefers X(12) over X(3−γ̃4 ) if and only if

1

2

√
V
(
1− γ̃

)[
σ

(
E,E − 1

2

√
V (1− γ̃)

)
− σ

(
E,E +

1

2

√
V (1− γ̃)

)]
> 0,

which is indeed the case due to diminishing sensitivity.
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